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Abstract 
In this article we are going to study the topological properties of the operators Cµ, Cν, Iµ, Iν 
and the modal operator αβγδ.  
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The definition of Intuitionistic Fuzzy Set (IFS) can be found in [1]. For the needs of this 
research it will be used some properties of the following topological operators that are defined 
in [2]: 
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The following modal operator is defined in [3]: 

 
{ }( ) , ( ) , ( ) |A AA x x x x Eαβγδ αµ γ βν δ= + + ∈

 
 

The subject of this research is to proof the following: 
 
Theorem: For IFS A and for every α, β, γ, δ ε [0,1] such that max(α, β) + γ + δ ≤  1. 

 
1. ( ) ( )C A C Aµ αβγδ αβγδ µ⊆  
2. ( ) ( )C A C Aν αβγδ αβγδ ν= x  
3. ( ) ( )I A I Aµ αβγδ αβγδ µ=  
4. ( ) ( )I A I Aν αβγδ αβγδ ν⊇  
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Proof 1:  
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The first components of both sets coincide. 

 
Let 

min(1 , . ( ) ) min(1 , ( ))
min(1 , . ( ) ) min( , ( ) ).
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Because: 
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Therefore it is true that  
( ) ( )C A C Aµ αβγδ αβγδ µ⊆  

 
Proof 2: 
 

( ) ( ( ) , ( ) )
( ) , ( ( ), ) ( )

A A

A A

C A C x x
x L x L C A
ν αβγδ ν

αβγδ ν

αµ γ βν δ
αµ γ β δ αβγδ µ

= + +
= + + = =  

 
The proof of the other inequalities is analogous. 
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